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GIOI THIEU CHUNG
N tran frong gioi thiéw tof ban doc ho sdch.
HOC VA ON TAP
TOAN

do whom Cu Mon duor s phu trdeh cua Thae siTodn hoe - KiosieUin hoe Lé Haong
Dirc bién sean.

Bo saach gom 8 cuon:

Cuén 1: Hoc vi on tdp Toin - Hinh hoc 10

Cudn 2: Hoc va on tap Toidn - Pai s6 10

Cudn 3: Hoc va on tap Todn - Lugng gidc 11

Cudn 4: Hoc va on tap Todn - Hinh hoc 11

Cuon 5: loc va on tap Toin - Dai 56 va Giai tich 11

Cuén 6: Hoc va on tap Toin - [linh hoc 12

Cuén 7: Hoc va on tap Toin - Giai tich 12

Cudn 8: Hoc va on tap Todn - Dai s6 t6 hop 12

Muc ticu cia bo sach nay la cung cap cho cdae thay. co gido mot b bi
wlang chuven san co chdt heong va cho cac em hoe sinh trune hoo phe thone
vew thich maon odn mor bo sach hoe tap b ich.

Bo sdach duwoe viel trén mot ue tieong hodn toan mai me', oot sie pham, 6
tinlt téng hop cao, tan dung duee dday di theé manh cliea cdae plaong phdp dec
hiét dé gidi Todn.

Bo xcch nay chae chan phic hop vor nhién déi tiwong ban doc tiv cac they, ¢o
gido den cde em hoc sinh lap 10, 11, 12 va cde em chuan bi die thi mon Todn
tor nghicp PETH hode vao cde mrieemy dai hoe.

Cuen

HOU VA ON TAP TOAN
LUONG GIAC 1)
do L.é Bich Ngoc clui bién dwoe chia thanh 2 chwong:

Chuong I:  Ham s6 luong gidc
Chuong 1I:  Phuong trinh va hé phuong trinh hremg giidc

hao gone 8 clai dé, miéun td chi tiét phicong phdp gidi cho 42 dang todn co han
va mang cao ciia heong giae 11

Cuoi ciing, cho dit da rdt ¢6 gang, nhng that kha trdanh Mhoi whing thién sot
hoi whitng hicn biét va kinh nghiém con han ché, rar mong nhan diee nhimg v
kicn dong gop quy bdan cia ban doc gdan xa. Moi y kién dong gép xin lien he tei:
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CHUONG I
HAM SO LUGNG GIAC
CHU PE I
GOC VA CUNG LUONG GIAC

I KIEN THUC CU BAN
1. SUDUNG DUGNG TRON LUONG GIAC

Ducmyg tron hiegng gide ta duomg tron dinh hudng ¢é bin kinh bang 1, trén do co
diem A goi Ia diém goc.
* Truc hoanh twong tng vdi truc gid tri cua cosin.
= Truc tung turong ung véi true gii tri cha sin,
*  Dudng thang di qua diém A(1. 0) va vudng géc véi truc cos tuong img véi
truc g tri cua tang.
*  BDuimg thing di qua diém B(0, 1) va vuéng gdc vai truc sin twong (ng véi
truc gid tr cita cotang.
D¢ bicu dién gia tri cic ham s6 luong gidc cua géc o trén duomg tron luong gidc
ta thue hién theo cic budc:

. P w -3 i 3 g SN
Birye 1 Xuat phat tir diem diu A(1, 0) ta xdc dinh - -
vi tri cta diém MJIQ: duomg tron lugmg M HBM, 177
viic sao cho AM = a. | M. '
Birve 2: Xie dinh: Ll R 7 R |
'!. ) ~ "ot - [ Tt h ".{}' M| !\ L‘K
* Goi M, la hinh chi¢u vuong goc cuia e / :
M Ién truc cos, ta dugc OM, = cosa. wen
: ' e

* Goi M, la hinh chi€u vuéng géc cua
M Ién truc sin, ta duge OM, = sina.

= Goi M, la giao diém ctia tia OM véi truc tg, 1a duge AM ; = 1gat.
*  Goi M, 1a giao diém ctia tia OM véi truc colg, ta duoc BM, = cotgar.
Chut y: Tit cich biéu dién nhu vay ching ta phan théy:
. Cic goe luong gide o + 2kn, keZ cing xdc dinh mot diém M trén dudmg 1ron
luomg gidc. do dé:
(i). cosa =cos(a + 2kn). (i11). tgo = tg(a + 2km).
().  sinw = sin(a + 2kn). (iv). l;{)igu = cotg(at + 2kn).
2. Néu goi M’ [a diém d6i xing véi M qﬁa 0. ta thiy ngay tia OM cit cic truc tg
va cotg vin tai M, vd M, do dé céc cong thic (iii) vi (iv) duge mo rong hon thinh:
(i). tgo =1gla + kn). (11). cotgu = cotg(a + k).



2. GlA TRI LUONG GIAC CUA CAC CUNG DAC BIET
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3. DAU CUA CAC GIA TRI LUONG GIAC
Ta 6 cdc két qua sau:

S — e 0<a<90’ | 90" <a< 180"
Ham s0 lugng giic e b F i i e
CosQL +
i _"- sina + o _'_"____1
- g s
cotga . 1 et

4. CAC HANG PANG THUC LUONG GIAC CO BAN

a. sin‘a + cos’q = | d. tga.coga = |
sina : !
b. tga= e. - =l+iga
cosa cosT o
s _cosa I -
c. colga= ‘- ' =l+coga
. ' sina s-t“ o

5. HAM SO LUONG GIAC CUA CAC CUNG P31 NHAU

a. sin(- x)= - sinx c. tg(-x)= 1gx
b. cos(- x) = cosx d. cotg( x)= - cotgx

6. HAM 8O LUONG GIAC CUA CAC CUNG BU NHAU

a. sin(180" @) = sina c. 1g(180° ~a)= tga

b. cos(180" - a) = — cosat d. cotg(180" - a)= - cotgu
7. HAM 86 LUONG GIAC CUA CAC CUNG PHU NHAU

a. sin(90° - ) = cosa c. g9 ) =cotga

b. cos(90" @) = sina d. colg(" «)=1ga




1L CAC DANG TOAN LIEN QUAN

Bai toan 1: Tinh gid tri ctua biéu thic luomg gide chia cic cung dic bict,

BN

PHUONG PHAP CHUNG
Ta su dung:
. Cic hé qua trong bang gia tri lugng giic cua cic cung dac bict.
2. Cic tinh chat sau vai k ¢ Z
(i). cosa = cos(a + 2km).
(11). sina = sinda + 2km).
(i), tga = 1g(a + k).
(iv).  cotga = colg(a + k).
Vidy l: Tinh gid tri cua biéu thiic:
A = tg45".cos390° cotg( - 150",
Taco:
A =145 cos(30" + 360").cotg(30" - 180") = 1g45".cos 30" cotg 30"
3 3
= 1. ‘/1 A3 = S
Cha y: Dang toin trén duge ma rdng tu nhién cho truomg hop cic biéu thide ¢6 chia
tham so.
Vidy2: Tinh gid tri cua biéu thic:
A = 3a.c0s360" + b.sin( - 270") + a.cos 180",
Ta co:
A = Ja.cos(0" + 360%) + b.sin(90" - iﬁﬂ"] + a.cos | 80"
= Ja.cos0)’ + bsin90” + acos180"=3a+b a=2a+h
VYidy d:  Tinh gii tri cta cic bicu thikc:
- Ha_" c_ﬂﬁ“ 60" + b’ cql_g_"-‘!ﬁ" V(1 2ab sin 0"y

A oY 0 i el

(25a.coxB07)" + Ja.sin 307 + Th cos™ 457
Giai
Ta co:
1
% | 1 b L
8a > +b (1) +(12ab.0) d g
A= - =t B i = a¥~ ab + b*.
d

b I-b
(250.0)* +2a. 1 4 2b V2
2 2 . :
Chua y: Tir két qua tinh todn trén ta thiy ngay ring yéu cdu cuabli todn cén ¢6 thé
duere phit bicu dudi dang "Chimg minh ring véi moi a, b khic khong thda man
a s - htalwinco A >0,



BAI TAP DE NGHI
Bai tap 1: Tinh gid tri cta cde bicu thie:
a. A=8-cos 30"+ 2sin'45" - J31g'60
b. B=(a + 1).sin0’ + b.cos90" + c.cos 180",
Bai tap 2:  Tinh gid tri cia cédc biéu thirc:
2. A =4sin'135" + V3 cos’150" - 3cotg?120".
b. B=dcos'135" - 8sin’150" - 3(tg’120" - 1g'135").
Bai tap 3: Tinh gid tr1 cta cic bicu thic:

o o B NI IBII b \” sin | : Lol m LCON !‘i{)
a.col s.,l 50" - boeos0" 4 "’.J.E“t"-ll
b B “ - ~.|n ‘}t} h :.m”

i, col L4‘i i h. LmIH{i - a.con “J{J
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PHUUN(: PHAP CHUNG
Ta xic dmh diém ngon cua goc thuoe cung phfin tur nao trén duong tron dom vi,
1r d6 sir dung céic hé qua trong bing diu caa cic gid tri luong giiic.

Vidu l;  Xic dinh diu cha ciic bicu thie:
A =sin225"1g130" cotp( 175",
Giai
Taco:
180" < 225" < 270" > sin225" < 0.
3907 = 30" + 360" > 12390" > 0.
175" =5" 180" > colg( IS sl
Tirdo suy ra A > 0.
Chii y: Neu bicu thaie ¢on phu thuoe thém tham s6 goc w thoa man dicu Kien K,

ching 1a cian thue hién phép bicu dién cic goc trong bi¢u thiic.

5 ‘ i = . ar . ’ . "
Vidu2: ChoO<a< . Xic dinh dau cua cic bicu thuc:

n . , n
a. A = cosu ; ). b. B=sinZotg2a ).
Griai
a.  Tu gia thic:
n T e - n mo_n
MNE T v = o gy, < e Wk L= <u <
3 1 472 4 4 4 4

> A = cos(u : | e | A



b, Tir gia thict ta duee:
D<2u<cn >sinda >,

T - nt n L R~ n nt
<5 2 <n <3 <2l =
X 2 2 2 2 2
f X - T T y < H
g 2a- 120 néul<2a---< Ilut 2a )20 néu <u <
2 3 : 2 4
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T do ta dugie:

TR |
AZDnéy <«

LE=

3

) 1
A< ncull< «

BAL TAP DE NG
Bai tap I:  Xac dinh dau cua ciie bicu thiie:
a. A =cos19572269 cotg( YR,
b. B= sin( 441 ) .cos1080°. 12908 cotg(  1972).

Bai tap 2: Cho o (0, : Y ?: |. Xdc dinh dau eia cic bicu thiice:

: T i
a, A= s i J.cos(ol ),

kP
b, B=1g2ucos : (L).

-

gz . n  J—— T ;
Bai tap 3: Cho : <w< . Xic dinh dau cua bicu thite:
0

n
cos2isim(2a e )
)

A= &
n
gl v )
1

Bai tap 4: Cho AABC. xic dinh dau ciia cdce biéu thie:
2. S =sinA 4+ sinB 4+ sinC

1 A B (
h. S, =cos , TCos | +cos

Bai tap 5: Cho AABC . xiic dinh diu cua cie biéu thirc:
A B ¢

- —

Baitap6: Timk ¢ Z. sao cho

& .\'in{j +kn) >0, b. cos( ’: - km) < 0.
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[ Bai todn 3: Rit gon bicu thite luong gidc. | I
PHUONG PHAP CHUNG
Ta st dung cie hing ding thec luong giic.
'?"a'in lwu y ring viée it gon bicu thiic trong nhir;'ll truomg hop 14 cong vice » ¢in
thi¢t nhat trude kKhi thue hién viée tinh gid tri cua bicu thae.

Vidu l: Rt gon bicu thic:

; i il
o ltsina | (I sinu)
cosa cos® @
. Fa
Giai
Ta co:
* . 3 - .

A< ldina b0 sina)” |l fsing |1 I sina
CON o I sin-a cos a I [ENTIRP

l#sinae Xsina

cosa l+sina
Chit y: Thong qua vi du trén ta ¢ 16ng két ban diau: néu bii todn trén duge pphit
bieu dudi dang:

* Cho tga = m. hdly tinh gii tri cua bicu thiic:
I sina | (1 ﬁillﬂl:

A=

e i 3
coNG Cos” o

Khi d6 vdi cic em hoc sinh chua cé kinh nghiém s€ thuc hién bin toin theo s cic

bwrac:
Bicwe 1. Tinh gid tri cha cic ham s6 lugng gidc cd trong bicu thic 13 sinoex vi
CONE.

Breere 2: Thay sinat vi cosa vao bicu thiic cia A.

Ciich gidi nay duomg nhién khong sai nhitg s rit phic tap néu gid i cta ssina
va cosa la ciie bicu thie vo 11 hodc gid tri cta tga phai bién ludn theo tham so. MNhur
viy cich gidi 16t nhit 1 thue hién theo cic budc:

Buve 1 Rut gon bicu thiic - thuc hién nhu trong vi du.

Biede 2: Suy ra A =2m.

Vidy 2: Rt gon bidu thic:
A = 2(sin"a + cos"o)  3(sinfo + o). . (n
Giai
Ta C_:’}:
since + cos®a = (sin‘a)’ + (cos'w)’
= (sin'o + cos wr 3sin*wcosto(sin’a + cos'a)

=1 - Isin‘o.cos'w. (2)
sin‘a + cos'a = (sin"a)’ + (cos'a) = (sinfui + cos'w) 2sin‘weos @
=1 2sin‘a.cos’a. ' (3



Thay (2), (3) vio (1), ta duoc:

A=21 3sinocosa) -3 2sincosw) = L.

Vidu 3}:  Rit gon bi¢u thic:
‘[I — s a 14 s
N S + 4] I
4 s VI S 8
Giai
Ta ¢o thé lua chon mét trong hai ciich sau:

Cech I Thue hién phép binh phuong, ta co:

EE NN '3 ; Fraoy b
- | sina I+ s
|+ simma I sinu

| -sina | ¢ sina | .~.in¢i 'I |"»;in.-1
e Rl Tas g ) i bt
|

I +sima | —sino |+ sina sin

AT t:tll3 + (1 b sinae)”

e i i S

. 5 h ]
3 F-sin” a l--sin- o

-4 2
A ot o™
cos T a lcosal

Cich 2: Thue hién phép bién doi:

. D
_ 242xin7d

.y o oo u L
sin + Cos ~2sin  cos ;s sin”

A: __.2.._. PR R : S
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2
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BAI 1AP BE NGHI
Bai tap 1: Rt gon biéu thic:

5 ¥ S ]
91 S TR O BN T ) R ¥ O L
a A :

il

i1 » ] E
COsT b cosT el 5!—“.

b. B=(1 +coga + - W+ cotga '

sina ST

+ 2=

z
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2
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